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(G.H. Greco, Rend. Sem. Mat. Univ. Padova, 66, 21-42, 1982) Riesz




$I$ : $C_{00}^{+}arrow[0, \infty)$











1. $\mu$ : $2^{X}arrow\overline{\mathbb{R}}^{+}$ (i) $\mu(\emptyset)=0$ , (ii) $A\subset B$ $\mu(A)\leq\mu(B)$
$X$
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2. $\mu$ $X$ $f$ : $Xarrow\overline{\mathbb{R}}^{+}$ $\mu$ Choquet
Lebesgue
$( C)\int_{X}fd\mu:=\int_{0}^{\infty}\mu(\{f>t\})dt=\int_{0}^{\infty}\mu(\{f\geq t\})dt$
$f,$ $g$ : $Xarrow\overline{\mathbb{R}}$ $x,$ $x’\in X$ $f(x)<f(x’)$ $g(x)\leq g(x’)$
$f\sim g$ Greco 1982 [4]
Daniell-Stone
Greco $f$ : $Xarrow\overline{\mathbb{R}}$ $\mathcal{F}$
(i) $0\in \mathcal{F}$
(ii) $f\geq 0$ for $\forall f\in \mathcal{F}$ ( )
(iii) $f\in \mathcal{F},$ $c\in \mathbb{R}^{+}$ $cf,$ $f\wedge c,$ $f-f\wedge c=(f-c)^{+}\in \mathcal{F}$ (Stone )
$I$ : $\mathcal{F}arrow$
(iv) $I(0)=0$
(V) $f,$ $g\in \mathcal{F}$ $f\leq g$ $I(f)\leq I(g)$ ( )
(Vi) $f,$ $g\in \mathcal{F},$ $f+g\in \mathcal{F}$ $f\sim g$ $I(f+g)=I(f)+I(g)$ (
)
(vii) $\forall f\in \mathcal{F}$ $\lim_{aarrow+0}I(f-f\wedge a)=I(f)$
(viii) $\forall f\in \mathcal{F}$ $\lim_{barrow\infty}I(f\wedge b)=I(f)$
$A\subset X$
$\alpha(A):=\sup\{I(f):f\in \mathcal{F}, f\leq\chi_{A}\}$
$\beta(A):=\inf\{I(f):f\in \mathcal{F}, \chi_{A}\leq f\}$
$\alpha,$
$\beta$ : $2^{X}arrow\overline{\mathbb{R}}^{+}$ $inf\emptyset=\infty$
(1) $\alpha,$ $\beta$ $X$ $\alpha\leq\beta$ .
(2) $X$ $\lambda$ :
(a) $\alpha\leq\lambda\leq\beta$.
(b) $f\in \mathcal{F}$ $I(f)=( C)\int_{X}fd\lambda$ .
1. Greco (v) (vi) $I$ $f\in \mathcal{F}$






(i) $\forall f\in \mathcal{F},$ $g\in \mathcal{F},$ $\chi_{\{f>0\}}\leq g$ $I(g)<\infty$
GreCO (vii)
(2) $\mathcal{F}$







2. $I$ : $C_{00}^{+}arrow \mathbb{R}$
(i) $f$ , g $\in$ C $f\leq g$ $I(f)\leq I(g)$
(ii) $f$, g $\in$ C $f\sim g$ $I(f+g)=I(f)+I(g)$
(iii) $f\in C_{00}^{+}$ $C\in \mathbb{R}^{+}$ $I(cf)=cI(f)$
$A\subset X$
$\gamma(A)$ $:= \sup\{I(f) : f\in C_{00}^{+},0\leq f\leq 1, S(f)\subset A\}$
$\gamma^{*}(A):=\inf\{\gamma(G):A\subset G,$ $G$ $\}$
$\gamma,$
$\gamma^{*}:2^{X}arrow$ IRr $inf\emptyset=\infty$
(1) $\gamma,$ $\gamma^{*}$ $X$
(2) $K$ $\gamma^{*}(K)<\infty$ .
(3) $G$ $\gamma^{*}(G)=\sup\{\gamma^{*}(K)$ : $K\subset G,$ $K$ $\}$ .
(4) $A$ $\gamma^{*}(A)=\inf\{\gamma^{*}(G)$ : $A\subset G,$ $G$ $\}$ .
(5) f $\in$ C $I(f)=( C)\int_{X}fd\gamma=(C)\int_{X}fd\gamma^{*}$ .
2. (1) [6] $\gamma$ $X$ $\gamma^{*}$ $X$
$\sigma$- 2
$2^{X}$
(2) 1 2 (iii) (i) (ii)
Greco 1 2
3. $I$ : $C_{00}^{+}arrow \mathbb{R}$
(i) $f,$ $g\in C_{00}^{+}$ $f\leq g$ $I(f)\leq I(g)$
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(ii) $f,$ $g\in C_{00}^{+}$ $f\sim g$ $I(f+g)=I(f)+I(g)$
$A\subset X$
$\alpha(A):=\sup\{I(f):f\in C_{00}^{+}, f\leq\chi_{A}\}$
$\beta(A):=\inf\{I(f):f\in C_{00}^{+}, \chi_{A}\leq f\}$
$\gamma(A)$ $:= \sup\{I(f) : f\in C_{00}^{+},0\leq f\leq 1, S(f)\subset A\}$
$\alpha^{*}(A):=\inf\{\alpha(G):A\subset G,$ $G$ $\}$
$\beta^{*}(A):=\sup\{\beta(K):K\subset A,$ $K$ $\}$






(1) $\alpha,$ $\beta,$ $\gamma,$ $\alpha^{*},$ $\beta^{*},$ $\gamma^{*}$ $X$
(2) $X$ $\lambda$ :
(a) $\alpha\leq\lambda\leq\beta$ .
(b) f $\in$ C $I(f)=( C)\int_{X}fd\lambda$ .
(3) $K$ $\gamma^{*}(K)=\beta(K)=\beta^{*}(K)<\infty$ .
(4) $G$ $\gamma^{*}(G)=\sup\{\gamma^{*}(K)$ : $K\subset G,$ $K$ $\}$ .
(5) $A$ $\gamma^{*}(A)=\inf\{\gamma^{*}(G)$ : $A\subset G,$ $G$ $\}$ .
(6) $A$ $\beta^{*}(A)=\sup\{\beta^{*}(K)$ : $K\subset A,$ $K$ $\}$ .
(7) $K$ $\beta^{*}(K)=\inf\{\beta^{*}(G):K\subset G,$ $G$ $\}$ .
(8) $G$ $\beta^{*}(G)=\gamma(G)=\gamma^{*}(G)$ .
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